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Abstract
One of the ingredients of the anthropogenic global warming hypothesis is the existence of large positive feedback in the climate system. An example is polar ice that,
once melted, turns into blacker water that will increase radiation absorption and this
reinforces the melting. This causes a run-away scenario with a point of no return.
Here it is shown that the polar ice can also have negative feedback aspects, where a
melting of polar ice will cause it to reappear.
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1. Introduction
The planet has been heating up in the last couple of decades and this causes large
concern in society, more so since humans are allegedly responsible for the temperature
rise. One of the major concerns is that we are at a point-of-no-return, caused by a
positive feedback cycle of ice melting that is caused by an increased temperature and
also causes further rise in temperature. The mediator of this phenomenon is the albedo—“whiteness” or reflectivity—of the Earth’s surface. Since sea water has a much
lower albedo compared to ice, i.e. sea water absorbs more of the radiation received
from the Sun, a melting of ice will cause an increase in absorbed radiation and thus a
rise in temperature and further melting of ice. We recognize a positive feedback system
that can cause a catastrophic runaway situation.
Wikipedia writes it nicely: “Ice-albedo feedback (or snow-albedo feedback) is a positive feedback climate process where a change in the area of snow-covered land, ice
caps, glaciers or sea ice alters the albedo. This change in albedo acts to reinforce the
initial alteration in ice area. Cooling tends to increase ice cover and hence the albedo,
reducing the amount of solar energy absorbed and leading to more cooling. Conversely,
warming tends to decrease ice cover and hence the albedo, increasing the amount of
solar energy absorbed, leading to more warming.” Such effects have long been known
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to result in positive feedback and an increased climate sensitivity [1]-[6].
Indeed, the temperature has risen in the past decades, and the albedo of the Arctic
region seems to have decreased until 2011 [7] [8]. Yet, the total amount of sea ice on
this planet has not changed from 1979, when measurements started, until now. The
Antarctic Sea Ice extent was actually in May 2014 at its maximum ever measured [9].
Images of icebreakers getting stuck in the ice make it to the headlines. Apparently, the
ice coverage of our planet has varied dramatically, but somehow we are back on the
same level as in 1979. There do not seem to be any signs of an avalanche effect—at least
not in the data. This is remarkable, to say the least. There where a runaway scenario of
melting ice that will lower the Earth’s albedo that will raise the temperature that will
melt more ice is envisaged, nature shows to be quite resilient. Somehow it does manage
to escape the man-imagined scenario (if not man-made scenario). At this point, it is
important to point out that talking about a “trend” can only be done if the model is
linear and the measurement data are so noisy as to mask the linear behavior. In case of
sea ice, the measurement noise is close to zero and talking of trends therefore does not
make sense. The reasoning “I only understand a trend and that is therefore reality, with
any deviations from the trend defined as noise” is a logical fallacy. Nature is not linear
and there is no “trend”. What you see is all there is. Deviations from the trend prove
our assumptions of linearity wrong. There is something going on with the ice that we
do not understand.
This made us think about what might be the underlying cause for a restoring process.
A phenomenon that would cause molten ice to come back, instead of accelerating the
process of melting. In this paper we present the results of our research, the things we
came up with. We use finite-elements simulations to demonstrate them.
We first studied the effect of the skew angle of radiation at the polar regions combined with Fresnel reflectivity and see that this indeed has a negative-feedback effect.
Then we studied an effect of thermal transport, both horizontal and vertical. This idea
is simple and straightforward. It is based on the fact that sea water has indeed a much
lower albedo, and thus absorbs more radiation, but this albedo effect is overshadowed
by the effect that sea ice can be much cooler than sea water (the latter at least above
melting point) because thermal transport is much lower in solid materials compared to
liquid, the latter also having convection. Ice has a low thermal conductivity, in contrast
to water, and the top layer of the ice—the surface that is exposed to the universe and
that is radiating out—can have significantly lower temperature than water, and thus
radiates much less. Heat trapped under a layer of ice cannot surface and dissipate into
the universe, the ice working like a blanket. This accumulated heat will eventually melt
the ice. Conversely, open seawater can be warm at the surface and emit larger amounts
of radiation, efficiently cooling the planet, and enabling refreezing of the water.
In any case, what is often forgotten in the albedo argument is that anyway not much
radiation is absorbed in the polar regions and the albedo effect is thus expected to be
small, if not negligible. The lower temperature of ice compared to water and its resulting lower emission, however, is a significant contribution, since outward radiation scales
with the fourth power of temperature, i.e. Stefan-Boltzmann Law of black-body radiation. For example, lowering the temperature by 11% from 273 K (zero ˚C, sea water) to
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243 K ( −30  C , ice surface) will cause a humongous 37% reduction in emission power,
from 315 W/m2 to 198 W/m2.
In steady state, heat to the polar regions is received not so much through inbound
radiation, which is rather negligible. Firstly because of the low angle of incidence of

radiation α which introduces a sin (α ) effect. Moreover, below certain angles, the
reflection shoots up (and absorption declines) because of Fresnel’s equation [10]. The
refractive index of water is higher than that of air—1.33 [11] vs. 1—and at normal
incidence the radiation reflected off the interface between water and air is (1.33 − 1)

2

= 10% . This increases to 100% for light parallel to the surface, with a significant in-

crease starting at an angle of about 70˚. Things like ripples and waves on the ocean
modify this effect, but it has been estimated that the albedo of sea water varies with the
Sun’s position in the sky from zenith to horizon from about 2.5% to 42.5% [12]. So,
first of all, not much light is received at the polar regions to begin with, making modulations of albedo insignificant, and second, the albedo does not change so dramatically from ice (50%) to seawater (40%).
Instead, at the polar regions, most heat is received through thermal transport in the
so-called Thermohaline Circulation, a moving belt of water that conveys a lot of heat to
the poles. This circulation carries a tremendous amount of water and heat, estimated to

(

be 17 sverdrup 1.7 × 107 m3 s

)

and 1.2 PW (petawatt) compared to the total global

120 PW radiation received from the Sun. A lot of heat is similarly received by atmospheric heat transport. All in all, polar regions receive heat primarily from transport
and no so much from direct absorption of solar radiation.
From there it radiates outward as efficiently as from any region on this planet—
effectively the “albedo” of the earth is zero in the wavelength window of radiation
emission, mainly infra-red. The real albedo in the visible light therefore has no impact
on the outward radiation and little impact on the inward radiation.
We will now show the results of finite-elements simulations. They consist of dividing
a ringlike world in many cells, each with an orientation, a temperature and an albedo
and then calculate the heat dynamics.

2. Implementation
We use a finite-elements system as depicted in Figure 1. This system is a simplification
of reality, but contains all of the necessary elements needed to make a correct
phenomenological analysis of the real Earth system. In our system, a ring of water is
made up of a large number of segments (elements). The ring itself is imagined to rotate
about its polar axis. This rotation is much faster than other processes, e.g. 24 hours for
a full rotation, compared to cooling/heating relaxation times in the order of years, and
water fluxes in the order of thousands of years. As such, the received radiation is immediately averaged out over a full rotation of θ in the calculation. Also, no seasonal effects
are taken into account (no nutation of the rotation axis).
In the simplest simulations, each element is in radiation balance. The incoming
radiation is governed by the angle α of the position of the element relative to the
equator; at the equator α = 0 . The Sun is far away in the plane of the equator and
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Figure 1. Schematic drawing of the system studied with the definitions of the
parameters and variables.

radiates with a solar constant of C = 1362 W m 2 . The amount of absorbed energy per
square meter pin per second is then determined by this angle α and the albedo a

of the element, and further averaged out by the rotation around the vertical axis (θ ) .
The latter also suffering from the effect that half of the time the radiation received is
zero because it is in the shadow:
+π 2

pin (α )
=

∫ a (α ) cos (α ) C cos (θ ) dθ

a (α ) cos (α ) C π
=
+π
∫ dθ

−π 2

( W m ).
2

(1)

−π

The amount of energy emitted is independent of the angles α and θ and is also
independent of the albedo. Where the albedo is defined as the whiteness in the visible
light, the emission of an element is in the infrared window of the electromagnetic spectrum, and it is assumed that all materials on Earth are “black” in the infrared and emit
therefore like a black body,

(

)

pout (T ) = σ T 4 W m 2 ,

(2)

with T the absolute temperature and σ the Stefan-Boltzmann constant (5.670373 ×
10−8 Wm−2K−4). This reasoning is close to the truth and has led for instance to the
conclusion—common belief—that a change of real visible-light albedo—as in melting
white snow to black seawater—will not alter the emission, but will significantly alter the
absorption, and an aggravation of global warming is expected, as mentioned in the
introduction.
The depth of the ring of water is chosen to be 100 m, since that is a reasonable
number for the water on Earth that contributes to the climate cycle, the so-called ocean
mixed layer [13]. This is important only for the time constant of the relaxation; taking
deeper or shallower rings would only alter the time constants, but not alter the final
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temperatures. The width is taken to be 100 meters, but this parameter does not influence the calculations at all (everything scales linearly with the width) and is only
given for completeness’ sake and to be able to visualize a 3D object.
The advanced simulations also include water circulation that, combined with a heat
gradient, will cause transport of heat to the polar regions. Alternatively, we also simulate with a heat conduction mechanism that occurs also in still water and for which no
circulation is needed, even though we know that this must be of a much smaller order
of magnitude.
Note that no greenhouse effects are taken into account. Basically, there is no atmosphere. We are not simulating the greenhouse and the full climate here. We are only
determining the effects of albedo and albedo changes on the temperature and, more
specifically, on the amount of sea ice. To compensate for the lack of atmosphere and
have anyway somewhat Earth-like temperatures in the simulations, we “crank up” the
inward radiation by multiplying it with a “fudge factor”.
In the first step, we make a simulation without any effects. Each element has the
same steady albedo that is not a function of temperature. In the second step, we introduce the simple albedo effect; an element with temperature dropping below zero celsius
will change the albedo from low to high, and vice versa. To better demonstrate the
effect, we make, apart from a simulation with realistic changes in albedo (40% to 50%),
also a simulation with exaggerated changes from 0% to 60%, as society is wont to belief.
This indeed shows a non-reversible “hysteresis” effect, where the final situation depends on the starting conditions. In the third step, we include a more realistic Fresnel
albedo, as mentioned before, and show that this mitigates the hysteresis effect. In the
final simulation, we introduce the concept of heat transport. This nearly completely
removes the hysteresis effect and ice, once removed, simply reappears in a time scale of
about ten years.

3. Results
The first simulation is a system that does not include albedo changes. All albedos are
taken to be 31%. Nor does the simulation include circulation of water and accompanying transport of heat. In this simulation all elements start at the same temperature,
273.16 K (the triple point of water, TPW), and the system is allowed to relax. For every
element, the input and output radiation are calculated, a function of its position and
temperature, respectively (Equations (1) and (2)). The average temperature in this way
was found to be −22˚C when mapped to a spherical planet (every segment enters

into the average with a weight cos (α ) , with α the latitude). To mimic an atmosphere—to give values closer to real-life—a “fudge factor” of 1.75 was introduced in the
inbound radiation, which then resulted in Figure 2 and an average temperature of 15.4
celsius.
As can be seen, the equator will warm up and saturate to about 35 degrees. Moderate
regions saturate at about 10 degrees and the poles, because of total absence of input
radiation will tend toward zero kelvin, which they will eventually reach. Figure 2(b)
shows the temperature distribution over the ring from equator to poles after 500 kiloday.
The characteristic relaxation time of cooling and warming depends on the heat
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Figure 2. Simple model. No albedo changes

( a = 0.31)

and no circulation. (a) Temperature transients when starting at 273 K for three key latitudes. (b) Temperature after
500 kiloday (ten times window of left panel) as a function
of latitude. (“Eq.” is “Equator”, “NP” and “SP” are North
Pole and South Pole, respectively).

capacity of the layer used and thus its thickness and specific heat. The latter is well
known for water, but the effective thickness is something that can be discussed. However, our value of 100 m is in line with values given in the literature and we can thus
expect that the relaxation time found here—in the order of some years—is close to the
real one of the climate system of our planet. Note, however, that the value is much
smaller than the time scale predicted by the majority of climate researchers that predict
changes in CO2 concentration in the atmosphere to become apparent on the scale of
centuries.
In the next simulation, we include the change of albedo between water and ice.
Common knowledge is that water has an albedo of about 0.02 and ice 0.35. (Note that
albedo of ice is much lower than the albedo of snow, the latter having an albedo
between 0.45 [old] and 0.85 [fresh]). The results are shown in Figure 3. A hysteresis
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Figure 3. A system with albedo changes from sea (0.02) to ice (0.35) when the temperature drops
below TPW. The final situation depends on the history; Starting with high temperature (a
marginally frozen planet, (a) and (b)) less of the planet is covered with ice compared to a slightly
lower starting temperature (a marginally unfrozen planet, (c) and (d); fudge factor 1.306). The
insets show the distribution of ice (white) and water (dark) in the ring.

effect now occurs in that the final result also depends on the starting conditions, the
history of the planet. If we start with a marginally frozen planet (Figure 3(a) and
Figure 3(b)), the system winds up with an average temperature of 6.6 degrees celsius
and the planet frozen from 30.9 degrees latitude up (see inset of panel b). If, instead, we
start with a fully unfrozen planet (Figure 3(c) and Figure 3(d)), the planet winds up
with an average temperature of 15.4 degrees celsius and covered with ice from 55.3
degrees latitude up. There is indeed a huge non-reversibility hysteresis in the climate
system, both in temperature (8.8 degrees) and ice coverage.
The simulations above (Figure 3) summarize the common knowledge about positive
feedback effect of the ice on our planet. We will now present our new ideas here.
First of all, the value for albedos of sea and ice are for perpendicular light. While
reflection from ice is rather diffuse and the angle of incidence should not matter much,
reflection off water has a more specular nature and the albedo depends heavily on the
angle of incidence. At high angles of incidence, close to the poles, nearly all light is
reflected. So, we expect a water albedo that is much higher close to the poles compared
to the equator. Moreover, because the Earth is rotating, even at the equator, at some
moments of the day light is effectively reflected off the water and even at the equator we
can expect a higher albedo than 0.02.
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Adequate is to use Fresnel’s Equation for reflection of light at the interface of two
media with different refractive indices, n1 and n2 , respectively. Assuming no imaginary part in the refractive index of water (effectively seeing it as a non-absorptive,
non-attenuating medium), the reflectivity (albedo) for unpolarized light is given by [10]:
2

 n cos β − n 1 −  n1 sin β 
1
2
1
 n2

=
R (β )

2
2
n

 n1 cos β + n2 1 −  1 sin β 

 n2


2

2



 n cos β − n 1 −  n1 sin β 
2
1

1
 n2

 + 
2
2


n


 n2 cos β + n1 1 −  1 sin β 


 n2










2

(3)

For air we can take n1 = 1 and sea water has a refractive index equal to n2 = 1.33 ,
which gives us a reflection as a function of angle as in Figure 4(a), where the reflectivity varies from 0.0201 (a value close to the 0.02 used before, justifying our assumption of a non-imaginary refraction index) to 1. Note that waves can change this

Figure 4. (a) Reflectivity as a function of incident angle of light
according to Fresnel Equation (Equation (3)) with n1 = 1 and

n2 = 1.33 . (b) Effective albedo as a function of latitude, calculated on basis of (a) and compared to ice albedo (0.35).
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function-in first order spread it, equalize it, and make it less pronounced—but as long
as the reflection is specular, the shape is as given here. Likewise, seasonal changes (not
included in these simulations) would smear out the effect in a similar way. We continue
with a waveless ocean, to test the hypothesis of albedo effects.
On basis of Fresnel Equation (Equation (3) and shown in Figure 4(a)) we can calculate an effective albedo at every latitude. We do this by calculating the angle β of
solar radiation for latitude α at every Earth rotation angle θ and calculating the
reflectivity according to Equation (3). The effective albedo at latitude α is then the
reflectivity thus calculated averaged over θ . The angle β is found by calculating the
rotation matrices for rotations α and θ , applying it to the x-vector (the direction of
the Sun) and then taking the dot product with the x-vector. This way we found that
β (α , θ ) = cos −1 ( cos α cos θ ) .

(4)

The effective albedo is then given by

a (α ) =

1 π2
R ( β (α , θ ) ) dθ .
π ∫− π 2

(5)

The result of this is shown in Figure 4(b). We can see here two important effects.
First of all, the albedo at the poles is unity. Meaning that polar sea water reflects
sunlight even better than snow or ice does (for comparison also shown). Second, the
equatorial water has, because of this specular reflection character, an albedo that is
much higher than the often-assumed albedo of 0.02. That is because also these regions
get the light at a very oblique angle part of the day. The effective albedo at the tropical
regions is therefore about 0.12.
The implication of the high polar albedo is that the presence of ice in polar regions
actually decreases the albedo and this is thus a negative-feedback “Gaia” effect; when
the temperature increases ice melts and this increases the albedo and lowers the temperature of the planet, refreezing the water into ice again. Analyzing the figure, this
happens for latitudes higher than around 70 degrees. Ice in moderate and warmer
regions does have the traditional positive feedback effect. This might well be the
negative feedback that we mentioned in the introduction.
On basis of this we made simulations. If the temperature of an element drops below

zero ˚C, it will be attributed the albedo of ice (α = 0.35 ) . If it melts, it gets attributed
the Fresnel albedo of Figure 4. We find that, indeed, independent of the starting
condition (be it a fully frozen planet, or a fully liquid planet) the polar regions wind up
covered with ice. There is only a hysteresis effect for latitudes outside the polar regions,
as can be seen in Figure 5. The hysteresis effect of Figure 3 of 8.6 degrees celsius has
thus been reduced to 1.5 degrees. It could be absent altogether in a system without ice
in the moderate regions, as is the case of our planet. We conclude that the common
belief of a runaway scenario of irreversible melting of ice solely based on the albedo
effects is not necessarily true.
Yet, the question arises whether this model system is adequate for the Earth radiation
system? This question is more so valid considering the fact that apparently the ice cover
in the North Pole region recovered 60% in a single year, from 2012 to 2013. This hints
at a much larger negative feedback effect than demonstrated above. In the next
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Figure 5. Model with albedo changes. Once water freezes, its albedo changes to 0.35. Liquid
water has a Fresnel albedo depending on the latitude as shown in Figure 4. (Fudge factor 1.62).

simulations another idea is tested. It adds two basic phenomena to the system (see
Figure 6 for all processes): 1) Heat is transported horizontally across the globe (indicated by arrows), 2) Heat is transported vertically from the bottom to the top. The first
one is something similar to the global thermohaline conveyor belt (THC), which we
model with a simple exchange of heat between neighboring cells, heat flow is simply
proportional to the temperature difference between neighboring cells. For the second
effect of vertical transport, we have to add the possibility of a vertical gradient. We do
this by duplicating the belt into two layers; every element is consisting of a top cell and
a bottom cell. The effect we are trying to simulate is that ice not only has the property
of a different albedo and associated change in absorbed light compared to water, but
also a different heat conductivity. In this way, ice can cool down much more and ice,
once formed, thus no longer emits much radiation and the planet heats up. In contrast,
once the ice melts, heat is easily transported to the surface and radiated out, thus
cooling down the planet.
To show what is going on, first we remove the formation of ice again and introduce
the concept of heat transport (Figure 7). If we assume heat, H , to be proportional to
temperature (which it isn’t, but anyway, as will be seen, we are only interested in the

gradient of heat transport and temperature), then the heat in an element is the
temperature times the specific heat capacity of water

( ρ = 1000 kg m )
−3

(c

m

)

= 4.2 kJ K −1kg −1 , the density

and the volume ( V= A∆X , with A the cross-section and ∆X
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Figure 6. (a) All heat effects summarized (in brackets what they depend on). Inward solar radiation
(depending on angle and albedo), outward black body radiation (depending on temperature), horizontal flow
of the ocean in the deep layer (depending on temperature gradient), and mixing between the deep and shallow
layer (depending on the phase state of the water, solid or liquid). (b) Schematic diagram of the effect. Ice works
as a blanket and reduces IR emission.

Figure 7. Heat going around in the ring. S H is
transport of heat (W), h is heat density (J/m3, the
heat in the volume being H = hV), dH is radiation heat balance input (W).

the thickness of an element). The density of heat is given by this heat divided by the
volume of the element,

h ( x, t )
=

H ( x, t )
= T ( x, t ) cm ρ J m3 .
V

(

)

(6)

The transport of heat, S H , is given by the product of heat density, the velocity v of
the water and the cross-section A ,
S H ( x, t ) = T ( x, t ) cm ρ vA ( J s ) .

(7)

To find out how much net heat enters an element in this way, we have to subtract
what goes out from what comes in. Assuming that the same quantity of water enters
and leaves an element, ∆ρ =
0 and ∆v =0 , the differential heat-flow is given by the
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difference of temperature of water going out and going in, ∆T = Tout − Tin , which is
proportional to the temperature gradient and the thickness of an element,

( ∆T =∆x ⋅ dT ( x ) dx , with in the limit ∆x =dx ). The net heat accumulating in an
element is thus

P=
H ( x, t )

dT ( x, t )
∆Xvcm ρ A ( J s ) .
dx

(8)

The contribution of this to changes in temperature is then this heat accumulation
divided by the specific heat and the volume of the element,

dT ( x, t ) PH ( x, t ) dT ( x, t )
= =
v (K s) ,
dt
cm ρ A∆X
dx

(9)

in other words, it is the product of temperature gradient and water speed. Considering
the transformation
=
v d=
x dt Rdα
=
dt Rω , this can also be
=
x R=
α , dx Rdα and
translated into our ringular world coordinates,

dT (α , t ) dT (α , t )
ω (K s) ,
=
dt
dα

(10)

with ω the radial velocity, dα dt (rad/s). In Figure 7 we can see how an area of the
ring receives an external heat (equal to the radiation balance), dH (proportional to
width and distance). This extra heat is added to the incoming flux of heat S H and
goes out of the cell as S H + dH .
Common belief is that it can take about a thousand years for a packet of water to
travel around the world. That is a speed of ω= 2 × 10−10 rad s . In the simulation below,
the temperature difference value is added with a factor 0.6 to the adjacent cell. To give
us good results we use a temperature change of ∆Ti = 0.3 ⋅ (Ti +1 − Ti ) in one step ( i is
element number). With n , the number of elements equal to 3600 and a time step of 5
days, this gives a complete cycle in 60,000 days (164 years), which is about a factor 6
faster than what is commonly assumed. One should not forget that heat transport does
not only consist of slow water flow (THC), but also induces the faster atmospheric processes which are moreover of larger magnitude overall. We therefore find our value
used in the simulations reasonable.
Literature is often confusing about the total heat flux of our planet, but it is in the
order of 4 × 1015 W . This is confusing since in plots for heat flux of our planet, both
positive as well as negative values are given, while the transport of heat is always a
positive amount, according to Equation (7). On the other hand, a heat flux derivative

dPH dx can be found by setting ∆X → dx in Equation (8), which has then units
W/m instead of W. To then find the total heat flow (W), for instance from Equator to
North Pole, this function has to be integrated from Equator to North Pole. Therefore,
considering this confusion, more information can be obtained from the observation
that the heat flux makes the equatorial regions cool down by about 14 degrees. Using
the method described above, the equatorial region cools down by some 5 degrees,
which is reasonable.
Figure 8 summarizes the result of a simulation with transport of heat included. Some
effects are immediately apparent. First, there are two different moderate zones, one that
gets water from the Equator and is relatively warm ( 45 latitude ), and one that receives
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Figure 8. Model without albedo changes (all is water) but
with transport of heat. Note that the poles are no longer the
coldest places and that there are two distinct moderate zones,
one gets a flow from the nearest pole and one from the Equator. At the bottom of panel b the radiation balance is shown,
the difference between inbound radiation and outbound radiation (Equations (1) and (2), resp.). A positive value indicates that the region receives more energy from the sun than
it emits. (In the previous plots the radiation balance was
always zero and therefore not shown).

(

)

water from a pole and is relatively cold 135 latitude . Second, the poles themselves
are much warmer than they were without circulation of heat and no longer reach
absolute zero (compare with Figure 2). The final temperature plot is “averaged out”.
This averaging out will cause a reduction in atmospheric and oceanic temperature
gradients which are the motor for the circulation in the first place. i.e., we recognize
here another stabilizing negative feed-back effect.
When we reintroduce the effect of ice formation and resulting albedo changes on top
of this system with horizontal and vertical heat flow, we see an interesting effect, see
Figure 9. Because heat can be “trapped” under the ice the outward radiation is less
efficient and the planet heats up. To compensate for that, the fudge factor has been
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Figure 9. Model with albedo changes and transport of heat, both vertical and horizontal (as depicted in Figure
6). The solid traces are the top layer, the dashed traces the bottom layer. Starting at a fully frozen planet, or
fully unfrozen planet results in nearly the same outcome.

reduced to 1.3 to give us again somewhat Earth-like temperatures. For the mixing
factor we used 100% per time step (5 days) for a liquid top layer and 1% per time step
for a frozen top layer. Horizontal circulation was set at 0.06 angular degrees per time
step (full circulation in 87 years).
As can be seen, the hysteresis effect has nearly completely disappeared. Starting at a
fully frozen planet or fully unfrozen planet results in the same outcome, as can be seen
by comparing panels b and d. Interestingly, the simulations at the edge of the ice cap
are very noisy, as if smaller ice shelves are floating close to this edge. We attribute this
to calculation instabilities, however, and do not claim that our system really can mimic
icebergs.
The effect of the ice cap working as a blanket can be estimated from the difference
between the temperature of the top layer and the bottom layer. At places where there is
ice, this is easily 10 degrees, and the effect is therefore a loss of IR emission of about 50
W/m2 (Equation (2)), which is significant.
All results are summarized in Table 1.

4. Discussion
We have studied here the idea of the effect of phase changes when ice melts and water
89

P. Stallinga, I. Khmelinskii
Table 1. Summary of simulations and resulting hysteresis, when starting with a two-degree difference in starting conditions, TPW ±1˚C (a fully frozen or unfrozen planet).
Model

Hysteresis

Results

Albedo

8.8˚C

Figure 3

Fresnel

1.5˚C

Figure 5

Heat transport

0.8˚C

Figure 9

freezes into ice. The common idea is that these changes, through albedo changes, add
positive feedback to the system; once ice disappears the effect is amplified by more heat
absorption.
Contrary to this belief, we see that phase changes in fact can create negative feedback.
The effects are two-fold: 1) The albedo of ice is lower than that of water at polar regions,
as caused by the Fresnel effect, where water reflects all incoming radiation when the
angle is at grazing incidence (with the sun close to the horizon). 2) Ice effectively blocks
heat transport from lower layers of the ocean to the surface. The surface can then not
radiate out the heat and the planet warms up, melting the ice.
The simulations are a proof of concept. We tried to keep here the system as simple as
possible, to highlight the effects, so that everybody can easily understand what is going
on. Simulations on a more realistic spherical planet with moreover an atmosphere (so
as also to avoid the use of fudge factors) will have to show how much of this effect can
be mapped to such a world. Things like the atmosphere [14] or non-periodic water
circulation as in the ENSO (El Niño [and La Niña] Southern Oscillation) [15] have
been completely ignored, along with changes in the thermohaline circulation [16] [17]
[18] [19]. A more important thing that we have been ignoring is the tilt of the Earth
rotation axis, which might change the game. However, we would like to point out once
again that we only, and exclusively, studied the idea of water/ice phase changes and the
associated albedo changes. Since we do not have access to the sophisticated equipment
used in modern simulations, our contribution here is merely to point out the possibility
and leave it up to others to implement them in more realistic state of the art calculations.

Disclosure of Interests
The authors declare not to have any conflicts of interests. This research was paid by no
grant. It received no funding whatsoever, apart from our salaries at the university where
we work. Nor are we members of any climate committees (political or other) or are we
linked to companies or NGOs, financially or otherwise. We are not members of any
political party or movement. This is an independent work that does not necessarily
represent the opinion of our university or of our government.

References

90

[1]

Curry, J.A., Schramm, J.L. and Ebert, E.E. (1994) Sea Ice-Albedo Climate Feedback Mechanism. Journal of Climate, 8, 240–247.
https://doi.org/10.1175/1520-0442(1995)008<0240:SIACFM>2.0.CO;2

[2]

Flanner, M.G., et al. (2011) Radiative Forcing and Albedo Feedback from the Northern

P. Stallinga, I. Khmelinskii
Hemisphere Cryosphere between 1979 and 2008. Nature Geoscience, 4, 151-155.
https://doi.org/10.1038/ngeo1062
[3]

Hall, A. (2003) The Role of Surface Albedo Feedback in Climate. Journal of Climate, 17,
1550-1568. https://doi.org/10.1175/1520-0442(2004)017<1550:TROSAF>2.0.CO;2

[4]

Lian, M.S. and Cess, R.D. (1977) Energy Balance Climate Models: A Reappraisel of Ice-Albedo Feedback. Journal of the Atmospheric Sciences, 34, 1058-1062.
https://doi.org/10.1175/1520-0469(1977)034<1058:EBCMAR>2.0.CO;2

[5]

Morassutti, M.P. (1991) Climate Model Sensitivity to Sea Ice Albedo Parameterization.
Theoretical and Applied Climatology, 44, 25-36. https://doi.org/10.1007/BF00865548

[6]

Wang, W.-C. and Stone, P.H. (1979) Effect of Ice-Albedo Feedback on Global Sensitivity in
a One-Dimensional Radiative-Convective Climate Model. Journal of the Atmospheric Sciences, 37, 546-552.

[7]

Pistone, K., Eisenman, I. and Ramanathan, V. (2013) Observational Determination of Albedo Decrease Caused by Vanishing Arctic Sea Ice. Proceedings of the National Academy
of Sciences of the United States of America, 111, 3322-3326. https://doi.org/10.1073/pnas

[8]

Riihelä, A., Manninen, T. and Laine, V. (2013) Observed Changes in the Albedo of the Arctic Sea-Ice Zone for the Period 1982-2009. Nature Climate Change, 3, 895-898.
https://doi.org/10.1038/nclimate1963

[9]

NASA http://neptune.gsfc.nasa.gov/csb/index.php?section=234

[10] Hecht, E. (1975) Schaum’s Outline Series: Theory and Problems of Optics. McGraw Hill.
[11] Quan, X. and Fry, E.S. (1995) Empirical Equation for the Index of Refraction of Seawater.
Applied Optics, 34, 3477-3480. https://doi.org/10.1364/AO.34.003477
[12] Payne, R.E. (1972) Albedo of the Sea Surface. Journal of the Atmospheric Sciences, 29, 959970. https://doi.org/10.1175/1520-0469(1972)029<0959:AOTSS>2.0.CO;2
[13] Kantha, L. and Clayson, C.A. (2014) Ocean Mixed Layer. In: North, G.R., Pyle, J.A. and
Zhang, F.Q., Eds., Encyclopedia of Atmospheric Sciences, Chap. Boundary Layer (Athmospheric) and Air Pollution, 2nd Edition, Vol. 1, 290-298.
[14] Jupp, T.E. and Cox, P.M. (2014) MEP and Planetary Climates: Insights from a Two-Box
Climate Model Containing Atmospheric Dynamics. Philosophical Transactions of the Royal Society B, 365, 1355-1365. https://doi.org/10.1098/rstb.2009.0297
[15] Veettil, B.K., Maier, É.L.B., Bremer, U.F. and Souza, S.F. (2014) Combined Influence of
PDO and ENSO on Northern Andean Glaciers: A Case Study on the Cotopaxi Ice-Covered
Volcano, Ecuador. Climate Dynamics, 43, 3439-3448.
https://doi.org/10.1007/s00382-014-2114-8
[16] Bersch, M., Yashayaev, I. and Koltermann, K.P. (2007) Recent Changes of the Thermohaline Circulation in the Subpolar North Atlantic. Ocean Dynamics, 57, 223-235.
https://doi.org/10.1007/s10236-007-0104-7
[17] Lorenzo, M.N., Taboada, J.J. and Iglesias, I. (2009) Sensitivity of Thermohaline Circulation
to Decadal and Multidecadal Variability. ICES Journal Marine Science, 66, 1439-1447.
https://doi.org/10.1093/icesjms/fsp061
[18] Marotzke, J. (2000) Abrupt Climate Change and Thermohaline Circulation: Mechanisms
and Predictability. Proceedings of the National Academy of Sciences of the United States of
America, 97, 1347-1350. https://doi.org/10.1073/pnas.97.4.1347
[19] Wood, R.A., Vellinga, M. and Thorpe, R. (2003) Global Warming and Thermohaline Circulation Stability. Philosophical Transactions of the Royal Society of London A, 361, 19611975. https://doi.org/10.1098/rsta.2003.1245

91

Submit or recommend next manuscript to SCIRP and we will provide best service
for you:
Accepting pre-submission inquiries through Email, Facebook, LinkedIn, Twitter, etc.
A wide selection of journals (inclusive of 9 subjects, more than 200 journals)
Providing 24-hour high-quality service
User-friendly online submission system
Fair and swift peer-review system
Efficient typesetting and proofreading procedure
Display of the result of downloads and visits, as well as the number of cited articles
Maximum dissemination of your research work

Submit your manuscript at: http://papersubmission.scirp.org/
Or contact acs@scirp.org

